Convergence-in the sense of Kuratowski-is metric invariant, by which we mean that the convergence of a sequence of sets is unaffected by the choice of any metric generating the same topology on E. One of our goals, however, is to characterize (Kuratowski) convergence as much as possible in terms of computable quantities, ideally in terms of a well-defined distance function. This ideal situation occurs only when the class of convergent sets possesses specific properties; cf. Corollary 3A.
In general one must be satisfied with much weaker "metrizations". The following theorem yields one such characterization for a convergent sequence of closed convex sets. We say that the sequence of nonempty closed convex subsets {Kn, n e N} rconverges uniformly to the nonempty set K (necessarily closed and convex) if there exists r > 0 and for any a >0 there exists na such that for all r > r6 and n -' na we have that hr(Kn, K)' a. The uniformity is with respect to r, i.e. the choice of na is to be independent of r, provided that r is sufficiently large. Note that for a sequence of sets r-converging uniformly the choice of n, is to he independent of r, provided that r is sufficiently large. Note that for a sequence of sets r-converging uniformly the choice of r-converging uniformly the choice of r' might need to be larger than the choice of ro appearing in the definition of r-convergence. Theorems 11 and 12 below show that there exists a minimal condition-the collection of functions {Ij*; q* n E N} is equi-lower semicontinuous-so that convergence implies and is implied by *-convergence of the corresponding sequence of sets. Unfortunately, it is not always easy to translate the equi-lower semicontinuity condition into verifiable conditions for the underlying sequence {Kn, n E N} and the set K. Here, we first prove the main result and then address ourselves to the verification of equi-lower semicontinuity.
An extended real-valued function defined on E is closed if it is lower semicontinuous, never -xc and finite for some point of E. 
